
& L'()
fu = [w-w Nel *Il fulli 1 tor

Let -L(R) Toke P te,(r) Lo(R)

Endx=-P(x)dx = S'(1-y)Pdy
-Yn 1 - 1

y= mXI

= ( (1- 1y1)P(dy + P(0) = S408 + Safex #7
-

An "Converge" in week sense (w .

rt
.

(0) to % ? -

T

↓ do #2 (NOT a decrity ↑two
in L Since The LIMIT IST A REAL WEAK CONVERGENCE

NOT in 21 !!

Idea was to embedin a larger spece where this

kind of week" compatness holds -



SWREMCRieSZ 1909
,

Monkov 1930
,
Kekotonlea

- -

① Let T : 2
,CIR") + IR linear functional and POSITIVE

CTfz0 Fezo
Fr Radon measure such that

ViceverseobserveL Tf = Sfdr VfCc(IRY) (trivially ture !)
IRM

prof (Sketch) @ Tpositive => FKCCIL compact -C >0

ruch that ITF) E Callfllo for all feec(RU) appfCK .

proof det pe (IRY)E1 on K · (q(x)1)

if feec(h) appfCk => -Allook -flflld = byN

linearity and positivity -Ta((18/ = T(f) = (lfIloT(a) Cr=(t)10
.

8) U open set M(0) :=p[T(f) FEEcCIRU) off ? 1

upp f -5 - Y



M(C) = inf [M(r) open <CUD In orter measure.

E(the prove u(k)= infhT(f) , #Il onk
·811 + tec 1

,comebleday)
↑ (IRM) = <phTA) f-ec 02f- 15linear

2) Let T : C, (IR) -IR s . that FKCIR" 7 Cr> o

ITEI CrllElla - feEclIre) appfEk-

↓
7 M = pet-pe-Signed Redon meaure

Tf = Start- If du-
-

↑f=T+f) TE-
IR2 IRM T - f =T-f-T-f-

e 3Moof Tf = T+ f - T-f T + T
-

positiVe and linear
*

A-TfA20 Te = uphTg , OzgIf : gee ITE, O T=T

③ If T : CCCIRY+ IR limeon
,
720 ITfl CI fllo

=>T can be extended to T : (Co (1) , 11 . (la) -> IR Limeon

Entrnous



Observe that TE (CoCIR") , Il.lla)
*

M
+ CR2) - C -(IR") =CandMTC)- (IR2)

& CoCIRM , Il . 110)
*
= signed Radon measures which

one finite . (M+ (IM) < + M(IR") < +a)
-

((V). 11) " = signed Redon meases estricted to f
with M+ 10) < +oMTV)

Min() =u(arr)

Ca(IDY)
,
Illa not a Bouach space not closed

M Signed Rodon measures ore linear continuous

functional on CIR") [if we put in C(IR") a weeker
Popology fr-f in ec (IR") ifIJkCC IRh Epp fr , sppf k

11 fr-Allo +0 .



observe that L'C") &Ssigned Redon meases whichI

one frutes
FEL(IRn) f = ft- f

-

M+ 2 with casty It

n-2u 11 f-

f mo Mf(A) = Sf
+ dx - Sf-dx = MI (A) =Mj(A)

A A
IIl = M

+(IRM) + M
-

CIRY)

L'(IRM) = Elighed Radon measures whichone finte
and absolutely continuous w

.

t.
Lex(t) = Esigned Radon measure which one abs cont.

w . r .t . My
So L' is contained in the dual of a separate spece

-

which is (Co(IR") , 11 . 110) (SEP. DUE TOSTONE-WEIERSTRASS THM)



wealt compactres in the space of Rodon measure.

Let Mr. be a sequence of (signed) finite Rodon meases

[on IDM with Mr(IRK) 1 C Leibounded)
ther 7 Man and se signed . finite Rodon weare sich

Tat PECon)SPAMnn -Se s
Local version Let un be a sequence of signed Radon
-

measures Such that FKCCIR" Mu(k) 1 CK

7 Mm ,
Me signed Rodon measure s

.

that

-CAR)San -Se



&son fo (1 let fetcIRU) /fully => - fur
-> M signed finite Rodov measure s

.

that

- PECo(IRh)11a Sfundx ->See
(ex fu +2x)

futleos IIfullckIEC => 5 funJu
solocal version

-dte(IRY) Safund - Spor
VECTORIAL VERSION Of RIESZ Ipu Inc

LINEAR

T : CcCIRE, IRM) GIR S
.

thot FACIRY 7 Cre

ITfl = CrIlfllo F felc suppfk
-> M Randon measure (VARIATION MEASURE)

7 S : IR-IRM M-meanrable (s(x))=1 ge M . a .ex-

such that Tf = f. S du EffCCIRY, IRm)San-CALAR PRODUCT


